Abstract. Let B be a ring with 1, G a finite automorphism group of B of order n for some integer n, B G the set of elements in B fixed under each element in G, and ∆ = V B (B G 
Basic definitions and notation.
Throughout this paper, B will represent a ring with 1, C the center of B, G a finite automorphism group of B of order n for some integer n, B G the set of elements in B fixed under each element in G, and ∆ = V B (B G 
a for all x ∈ A} for a subring A of B.
Central commutator Galois extensions.
In this section, we shall give several characterizations of a central commutator Galois extension in terms of Galois Hseparable extensions and Azumaya Galois extensions, respectively, and prove the converse of a theorem for a Galois H-separable extension as given in [8] . We begin with some properties of a commutator Galois extension. 
Thus, the center of ∆ is C; and so
Proof. (
But B is a Galois extension of B G with the same Galois system for ∆, so B is
We remark that (1)⇒(3) in Theorem 3.3 is the converse of [8, Theorem 6] ; that is, if ∆ is a central Galois algebra with Galois group
In the next theorem, we give a characterization of a central commutator Galois extension in terms of Azumaya Galois extensions. Since ∆ is a Galois extension of ∆ G with Galois group G| ∆ G, B is a Galois extension of B G which is an Azumaya C G -algebra. This completes the proof.
H-separable projective group rings.
In [3] , it was shown that B is a central Galois algebra with an inner Galois group G if and only if B is an Azumaya projective group algebra
is a factor set (see [3] ). We shall generalize this fact to a central commutator Galois extension with an inner Galois group. 
and g ∈ G, we claim that
Since ∆ is a Galois extension of ∆ G with Galois group
Hence 
the ring of all 2-by-2 upper triangar matrices over Q.
(4) ∆ is a Galois extension of ∆ G with Galois group G| ∆ G and a Galois system
(6) By (4) and (5) 
